Let G be a connected graph u and v be two vertices in V (G). The set J G [u, v] denotes the closed interval consisting of u, v and all vertices lying on some
Introduction
Let G be a connected graph and u and v are in V (G). A u-v path is called an m-path (or induced path, or chordless path, or minimal path) if it contains no chords (i.e., edges joining two non-consecutive vertices of the path). In other words, a path P is called an m-path if V (P ) = P . The set J G [u, v] In this paper, we will determine the m-convex hulls of the same graphs. For other graph-theoretic terms not specifically defined here, a reader may refer to [1] or [3] .
Join of Graphs
The join of graphs G and H, denoted by G + H, is the graph with
We shall now determine the m-convex hulls of the subsets in the join G+K n . To do this, we need the following result which is due to Paluga and Canoy [3] . Theorem 2.1 Let G be a connected graph and K n be the complete graph of order n.
Theorem 2.2
Let G be a connected graph, K n the complete graph of order n, and
Theorem 2.3 Let G and H be non-complete graphs and S ⊆ V (G+H). Then
m [S] G+H = S, if S is complete V (G + H), otherwise. Proof : Let S ⊆ V (G + H). If S is complete, then S is m-convex in G + H. Thus, m [S] G+H = S. If S is not complete, then there exist x, y ∈ S such that d G+H (x, y) = 2. Clearly, either x, y ∈ S ∩ V (G) or x, y ∈ S ∩ V (H). Assume without loss of generality that x, y ∈ S ∩ V (G). Since [x, h, y] is an x-y m-path in G + H for every h ∈ V (H) and m [S] G+H is m-convex in G + H, it follows that V (H) ⊆ m [S] G+H . Pick two non-adjacent vertices u and v of H. Then V (G) ⊆ J G+H [u, v]. This implies that V (G) ⊆ m [S] G+H . Therefore, V (G + H) ⊆ m [S] G+H . Since m [S] G+H ⊆ V (G + H), we have m [S] G+H = V (G + H).
Composition of Graphs
The composition of two graphs G and H, denoted by G [H] , is the graph with
, the G-projection and H-projection of C are, respectively, the sets
The following result in [3] is a characterization of m-convex sets in the composition
Lemma 3.2 Let G be a connected graph, and S
. Hence, the assertion holds for k = 1.
Suppose the assertion holds for
We consider three cases.
Case 1. Both p and q belong to S G . As proved earlier, we have (
Case 2. Exactly one of p and q belongs to S
. Therefore, the assertion of the lemma holds. Recall that a vertex u in a connected graph G is an extreme vertex if the set N G (u) of neighbors of u induces a complete subgraph. Denote by Ext(G) the set of all extreme vertices of G.
Theorem 3.3 Let G be a connected graph, K n the complete graph of order n, S ⊆ V (G[K n ]), and E
= Ext( m [S G ] G ). Then m [S] G[Kn] = S, if S is m-convex S ∪ [( m [S G ] G \ (E ∩ S G )) × V (K n )], otherwise. Proof : Let S ⊆ V (G[K n ]). If S is m-convex, then [S] G[Kn] = S. Suppose S is not m-convex. Clearly, S ⊆ m [S] G[Kn] . Let k be the smallest non-negative integer such that m [S G ] G = J k G [S G ]. By Lemma 3.2, [( m [S G ] G \ S G ) × V (K n )] ⊆ J k G[Kn] [S]. It follows that [( m [S G ] G \ S G ) × V (K n )] ⊆ m [S] G[Kn] . Now, if x ∈ S G \ E, then N C (x) is not complete in C , where C = m [S G ] G . This implies that there exist y, z ∈ N C (x) such that d C (y, z) = 2. Hence, d G (y, z) = 2
and [y, x, z] is a y-z m-path in G. By Lemma 3.2 and (if necessary) by the definition of S
The next result is also found in [3] . It gives a necessary and sufficient condition for a subset in the composition G [H] , where G is connected and H is a connected non-complete graph, to be m-convex in G [H] .
Theorem 3.4 Let G be a connected graph of order n > 1 and H be connected non-complete graph. Then C is a proper m-convex set in G[H] if and only C induces a complete subgraph of G[H].

Theorem 3.5 Let G and H be connected non-complete graphs, and S
⊆ V (G[K n ]). Then m [S] G[H] = S, if S is complete V (G[H]), otherwise. Proof : Let S ⊆ V (G[K n ]). If S is complete, then m [S] G[H] = S. So, suppose S is not complete. Since S ⊆ m [S] G[H] , it follows that m [S] G[H] does not also induce a complete subgraph of G[H]. Hence, if m [S] G[H] were not equal to V (G[H]), then it is not m-convex in G[H] by Theorem 3.4. This is impossible because m [S] G[H] is m-convex in G[H]. Therefore, m [S] G[H] = V (G[H]).
Cartesian Product of Graphs
Let G and H be two graphs. The cartesian product of G and H, denoted by G × H, is the graph with vertex set V (G × H) = V (G) × V (H) and with edge set E(G × H) formed in the following way: two vertices (u, v) and (u , v ) are adjacent if and only if
, then, again, the G-projection and H-projection of C are, respectively, the sets
The following definition and theorem are found in [3] .
Theorem 4.2 Let G be a nontrivial connected graph and
, and one of the following conditions holds:
(ii) S 1 is a complete subgraph and S 2 is a singleton; 
